In this supplementary material we will first have a short discussion on how
multi layered materials are handled in our case, followed by a comparison section
with varying sample per pixel counts, difference images and error values.
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1 Multi layer materials

To handle materials with multiple layers, some additional steps can be required.
This is because often each layer will come with their own shading frame (bump
normal and flow vectors to rotate the tangent frame). Both the geometric cur-
vature and the movement in time affect each layer equally, so each layer receives
the additional roughness in full. Unfortunately the orientation of the covariance
matrix changes between layers. What’s more, some individual BSDF models do
not support using a full covariance matrix for roughness. In such cases, the
shading frame of this layer has to be rotated to align with the main axes of
anisotropy after applying the additional roughness.

Given this constraint, we first express each layer’s anisotropic roughness in
the frame of the surface (0, P,9,P,N). We do this by projecting the layer’s
tangent vectors to the plane spanned by (0,P,0,P) and deriving a 2D rota-
tion matrix from this. The transformed roughness generally results in a full
covariance matrix. We apply the additional roughness in this space (i.e. add
the matrix P). We do not rotate the result back into the layer’s tangent frame,
since this would result in a full covariance matrix. Instead, we perform a 2x2
Eigenvalue decomposition on ¥’. The two Eigenvalues are the new anisotropic
roughness values, and the Eigenvectors are projected into the tangent plane of
the layer’s shading normal to form the new tangent frame of the layer.

2 Comparisons

We compare our method agains plain path-tracing (vanilla), Anton et al. (KHPL16)
and Yusuke et al. (TK19). For the latter we included both variants, more con-
servative (TK19(a)) and less conservative (TK19(b)). In difference images we
show RMSE, MSE and PSNR against a 10k spp reference image. We also pro-
vide a false color image (AOV) where the roughness of the major and minor
axis of the beckmann ndf are mapped to the red and green channel respectively.

In the first AOV variant the added roughness coming from the ndf filtering is
mapped to the blue channel to better see the general increase; in the second
instead we leave the added roughness in its axis of origin to show the magnitude
change in anisotropy.



2.1 Gears scene

Highlight only comparison: vanilla, KHPL16, TK19(a,b), Ours, reference
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Difference images comparison: vanilla, KHPL16, TK19(a,b), Ours

1spp

RMSE: 1.56066 - MSE: 2.43566 - PSNR: 44.299 ~ RMSE: 1.41641 - MSE: 2.00621 - PSNR: 45.141 ~ RMSE: 1.22075 - MSE: 1.49022 - PSNR: 46.432 =~ RMSE: 1.24708 - MSE: 1.55521 - PSNR: 46.247 = RMSE: 1.23363 - MSE: 1.52184 - PSNR: 46.341

10spp

RMSE: 0.48004 - MSE: 0.23044 - PSNR: 54.539 | .45940 - MSE: 0.21105 - PSNR: 54.921 =~ RMSE: 0.41824 - MSE: 0.17492 - PSNR: 55.736 =~ RMSE: 0.42293 - MSE: 0.17887 - PSNR: 55.639 =~ RMSE: 0.41601 - MSE: 0.17307 - PSNR:

100spp

RMSE: 0.15268 - MSE: 0.02331 - PSNR: 64.489 ~ RMSE: 0.15655 - MSE: 0.02451 - PSNR: 64.271 =~ RMSE: 0.17560 - MSE: 0.03084 - PSNR: 63.274 =~ RMSE: 0.16709 - MSE: 0.02792 - PSNR: 63.706 =~ RMSE: 0.13166 - MSE: 0.01734 - PSNR: 65.775




2.2 Chain scene

Highlight only comparison: vanilla, KHPL16, TK19(a,b), Ours, reference
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Difference images comparison: vanilla, KHPL16, TK19(a,b), Ours

1spp

RMSE: 0.97200 - MSE: 0.94479 - PSNR: 48.411 =~ RMSE: 1.01587 - MSE: 1.03199 - PSNR: 48.028 =~ RMSE: 0.72973 - MSE: 0.53250 - PSNR: 50.902 =~ RMSE: 0.81550 - MSE: 0.66504 - PSNR: 49.936 = RMSE: 0.69718 - MSE: 0.48606 - PSNR: 51.298

10spp

RMSE: 0.26900 - MSE: 0.07236 - PSNR: 59.570 .30173 - MSE: 0.09104 - PSNR: 58.572 =~ RMSE: 0.21318 - MSE: 0.04544 - PSNR: 61.590 =~ RMSE: 0.23131 - MSE: 0.05350 - PSNR: 60.881 =~ RMSE: 0.20900 - MSE: 0.04368 - PSNR: 61.762

100spp

RMSE: 0.08720 - MSE: 0.00760 - PSNR: 69.354 ~ RMSE: 0.08729 - MSE: 0.00762 - PSNR: 69.345 =~ RMSE: 0.07680 - MSE: 0.00590 - PSNR: 70.458 =~ RMSE: 0.07621 - MSE: 0.00581 - PSNR: 70.524 =~ RMSE: 0.06741 - MSE: 0.00454 - PSNR: 71.591




2.3 Splash scene
Highlight only comparison: vanilla, KHPL16, TK19(a,b), Ours, reference
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Difference images comparison: vanilla, KHPL16, TK19(a,b), Ours

1spp

RMSE: 3.11031 - MSE: 9.67402 - PSNR: 38.309 =~ RMSE: 1.33621 - MSE: 1.78545 - PSNR: 45.647 =~ RMSE: 1.36496 - MSE: 1.86310 - PSNR: 45.462 =~ RMSE: 0.85214 - MSE: 0.72614 - PSNR: 49.555 =~ RMSE: 1.78774 - MSE: 3.19601 - PSNR: 43.119

10spp

RMSE: 0.64997 - MSE: 0.42246 - PSNR: 51.907 | .52594 - MSE: 0.27661 - PSNR: 53.746 =~ RMSE: 0.33343 - MSE: 0.11118 - PSNR: 57.705 =~ RMSE: 1.20470 - MSE: 1.45129 - PSNR: 46.547 ~ RMSE: 0.49597 - MSE: 0.24599 - PSNR: 54.256

100spp

RMSE: 0.13399 - MSE: 0.01795 - PSNR: 65.623 ~ RMSE: 0.20945 - MSE: 0.04387 - PSNR: 61.743 ~ RMSE: 0.15392 - MSE: 0.02369 - PSNR: 64.419 =~ RMSE: 0.18518 - MSE: 0.03429 - PSNR: 62.813 =~ RMSE: 0.24496 - MSE: 0.06001 - PSNR: 60.383 |
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